We investigate special values of the standard L-function of a matrix algebra M m (K) over a CM-field K, and obtain a formula (Theorem 3.1), which generalizes a well-known result for Hecke L-functions (Corollary 3.3). However, we should point out that, our results are preliminary at best, since compared to automorphic L-functions, L-function of a matrix algebra is a relatively mild generalization of a classical Hecke L-function.
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Arithmetic automorphic forms
We will be faithful to the notation of [6] and [8] . In particular, let F be a totally real number field and K a CM-field with maximal totally real subfield F . For simplicity, let k denote F or K. Let a denote the set (*) This work had been carried out and completed during our stay at the Independent University of Moscow (IUM) in 1997. We heartily thank Professor Mikhail Finkelberg for arranging our stay at IUM. We gratefully acknowledge the support of the Scientific and Technical Research Council of Turkey (TÜBİTAK) during our stay in Moscow.
{ν : F → R} of archimedean primes of
with Gal(k/F ) = γ ; and put G = G ∩ SL 2m (k). Let P be the parabolic subgroup of G corresponding to the partition (m, m) of 2m, Q the Levi component and R the unipotent radical of P . Likewise, define the subgroups P , Q and R of G. For the group G, we consider the Lie group
and take a rational representation
where V is a finite-dimensional C-space. Fix a Q-rational structure of V (let V (Q) denote the set of all Q-rational elements of V ) such that ρ is a Q-rational representation with respect to the standard Q-rational structure of L a . Then we set (following [8] ):
for α ∈ G A (the adelization of G à lá Shimura) and
where H m denotes the symmetric space 
where Γ runs over all congruence subgroups of G.
Let A be a finite-dimensional commutative semi-simple algebra over Q. Let A = 1 i t C i where C i is a number field. The set Hom(A, C) of algebra homomorphisms will be denoted by J A ; and we will denote the Z-module Z[J A ] generated by the set J A by I A . Then there exists an embedding
and [10] ). Consider the automorphism p : A → A making the square
(1c)
commutative for every 1 i t, which will be called as the "complex conjugation of A". Let δ : A → A be a positive involution of A and h :
Then, letting CM where f is holomorphic. The space of all arithmetic elements f ∈ U ρ (Γ ) is denoted by U ρ (Γ, Q) and we put U ρ (Q) = Γ U ρ (Γ, Q) where Γ runs over all congruence subgroups of G.
Linear equivalence of Eisenstein series
We will consider the following special Langlands type Eisenstein series attached to G, defined with respect to the data (k, c, χ) consisting of an integral weight k ∈ Z a , an integral ideal c in F and a Hecke character χ : F × A → T = {z ∈ C: |z| = 1} defined modulo c satisfying the condition
which has the form:
where Z ∈ H a m , s ∈ C, Z O F a system of representatives of the doublecoset space
and for ζ ∈ Z O F ,
.
where 1 We remark that, by class field theory, a prime ideal p in F splits completely in the extension k/F if and only if p ∈ ker(A k/F ), where
(as an F ν -algebra) if and only if ν ∈ ker(A k/F ). So,
, where ω is a prime in K such that ω | ν and K ω corresponds to a quadratic extension of F ν . [4] ), the series E(Z, s) converges for Re(s) 0 and has a meromorphic continuation to the whole complex plane as a function in s. The following proposition is easy to prove using the results in [8] .
In [2] and [3] , we essentially studied the vector space L spanned by the G-transforms of the Langlands type Eisenstein series
attached to the group G, and proved that there exists a data {k, ∆, λ} where k ∈ Z a is an integral weight; ∆ a subgroup of GL m (k) satisfying the condition d(P ∩ βΓ β −1 ) ⊂ ∆ ⊂ ker(ω) where Γ ⊂G is a congruence subgroup, {β} is a system of representatives ofP \G/Γ and ω : GL m (k) → C × is a certain homomorphism ("determinant"); λ : W → C is a locally constant function such that λ(∆wγ ) = λ(w) for every γ ∈ Γ and w ∈ W ; defining a series
where Z ∈ H a m and s ∈ C which spans the space L. More precisely, choose an integral ideal c in F such that 
such that, the square
is commutative. The linear equivalence relation of Eisenstein series proved in [3] is now stated as follows:
where the standard L-function of M m (k) is defined as usual by:
which converges for Re(s) > 1 and does not depend on the choice of the
Now assume that k = K and k ∈ Z a satisfies k ν = κ for every ν ∈ a for some κ ∈ Z. Then 
) and
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